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Sqedio Maj matoc, duo didaktikèc ¸rec

stic Apìlutec Timèc � A' LukeÐou
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Stìqoi

Na anagnwrÐzoun kai na ermhneÔoun tic stoiqei¸deic

idiìthtèc twn apolÔtwn tim¸n, b�sei tou orismoÔ touc.

Na anagnwrÐzoun kai na epilÔoun aplèc exis¸seic kai

anis¸seic me apìlutec timèc.

Na anagnwrÐzoun kai na apodeiknÔoun �llec idiìthtec twn

apolÔtwn tim¸n.

Na qrhsimopoioÔn autèc sto na epilÔoun aplèc exis¸seic

kai anis¸seic me apìlutec timèc.
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ProapaitoÔmenec gn¸seic � èlegqoc

Ton orismì twn apolÔtwn tim¸n.

Na epilÔoun aplèc exis¸seic kai anis¸seic.

Tic tautìthtec (a± b)2 = a2 ± 2ab + b2 kai

a2 − b2 = (a+ b)(a− b).

Miq�lhc TzoÔmac APOLUTES TIMES A' LUKEIOU (3h kai 4h ¸ra)



http://users.sch.gr/mtzoumas e-mail: mtzoumas@sch.gr

Idiìthtec pou prokÔptoun amèswc apì ton

orismì

Gia k�je pragmatikì arijmì x isqÔei:

? |x | ≥ 0, giatÐ? Pìte isqÔei to Ðson? to megalÔtero?

Par�deigma: Ti shmaÐnei gia touc x kai y a) h isìthta

|x |+ |y | = 0, b) h anisìthta |x |+ |y | > 0.

? |x | ≥ x kai |x | ≥ −x , giatÐ? Pìte isqÔei to Ðson se k�je

perÐptwsh?

? |x |2 = x2, giatÐ?

Par�deigma: Na lujeÐ h exÐswsh: |x − 2| = 3 (Me Ôywsh

sto tetr�gwno. 'Eqoun m�jei ìti gia jetikoÔc a kai b
isqÔei, a = b ⇔ am = bm.)
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Idiìthtec pou prokÔptoun amèswc apì ton

orismì

EpÐshc isqÔei:

? 'Otan θ > 0, tìte |x | = θ ⇔ x = θ   x = −θ.(GiatÐ?)
Par�deigma: Na lujeÐ h exÐswsh |x − 2| = 3.

? 'Otan a 6= 0, tìte |x | = |a| ⇔ x = a   x = −a.(GiatÐ?)
Par�deigma: a) Na lujeÐ h exÐswsh |2x − 1| = |x − 5|.
b)Na lujeÐ h exÐswsh |x − 1| = |x − 3|.
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Idiìthtec pou prokÔptoun amèswc apì ton

orismì

Se �xona breÐte ta shmeÐa pou apèqoun ligìtero apì 2,
apì thn arq . Ekfr�ste to autì me mia sqèsh!

Gia k�je shmeÐo thc perioq c pou skiagraf sate poia

sqèsh isqÔei metaxÔ thc apìluthc tim c kai tou 2?

Ekfr�ste to autì me mia sqèsh!

Dhlad  |x | < 2⇔ −2 < x < 2.

Genik�,

θ > 0, |x | < θ ⇔ −θ < x < θ.

Pr�gmati

An x ≥ 0, tìte |x | < θ ⇔ 0 ≤ x < θ.

An x < 0, tìte |x | < θ ⇔ −x < θ ⇔ x > −θ.

Alli¸c, |x | < θ ⇔ |x |2 < θ2 ⇔ · · · ⇔ −θ < x < θ.
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Idiìthtec pou prokÔptoun amèswc apì ton

orismì

EpÐshc,

Se �xona breÐte ta shmeÐa pou apèqoun perissìtero apì

2, apì thn arq . Ekfr�ste to autì me mia sqèsh!

Gia k�je shmeÐo thc perioq c pou skiagraf sate poia

sqèsh isqÔei metaxÔ thc apìluthc tim c kai tou 2?

Ekfr�ste to autì me mia sqèsh!

Dhlad  |x | > 2⇔ x < −2   x > 2. (Genik�? |x | > θ)

Par�deigma: Na lujoÔn oi anis¸seic: |x − 1| < 2, |x − 3| ≥ 2,
2 < |x + 3| ≤ 5. Na dojoÔn gewmetrik� oi lÔseic.

JumhjeÐte ti ekfr�zei gewmetrik� h posìthta: a)|x − 1|,
b)|x − 3|, g)|x + 3|.

Miq�lhc TzoÔmac APOLUTES TIMES A' LUKEIOU (3h kai 4h ¸ra)



http://users.sch.gr/mtzoumas e-mail: mtzoumas@sch.gr

'Allec Idiìthtec twn apolÔtwn tim¸n.

A) |αβ| = |α| · |β| kai |αβ | =
|α|
|β| , β 6= 0.

H apìdeixh diakrÐnontac tic peript¸seic:

1) α > 0 kai β > 0, 2) α > 0 kai β < 0,
3) α < 0 kai β > 0, 4) α < 0 kai β < 0.
Na mh xeqasteÐ h perÐptwsh ènac apì touc duo na eÐnai

mhdèn.

Par�deigma: Na lujeÐ h exÐswsh: |x − 3| = 3
|x−1|
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'Allec Idiìthtec twn apolÔtwn tim¸n.

B) |α+ β| ≤ |α|+ |β| kai ||α| − |β|| ≤ |α+ β|.
H apìdeixh den ja gÐnei, all� ja diapistwjeÐ me

paradeÐgmata:

1) α > 0 kai β > 0, 2) α > 0 kai β < 0,
3) α < 0 kai β > 0 4) α < 0 kai β < 0.

Pìte isqÔei to Ðson se kaje mia perÐptwsh?

Par�deigma: Sumplhr¸ste thn parak�tw prìtash

An |x | ≤ 2 tìte |x + 3| ≤ . . .
D¸ste èna par�deigma gia to = kai èna gia to <.
Par�deigma: Sumplhr¸ste thn parak�tw prìtash

An |x | ≤ 3 tìte |x − 4| ≤ . . .
D¸ste èna par�deigma gia to = kai èna gia to <.
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'Allec Idiìthtec twn apolÔtwn tim¸n.

An to tm ma eÐnai {kalì}   èqei merikoÔc {kaloÔc} tìte:

1) Sumplhr¸ste thn parak�tw prìtash

An |x | ≥ 4 tìte |x + 3| ≥ . . .
D¸ste èna par�deigma gia to = kai èna gia to >.
Par�deigma: Sumplhr¸ste thn parak�tw prìtash

An |x | ≤ 1 tìte |x + 3| ≥ . . .
D¸ste èna par�deigma gia to = kai èna gia to >.
2) An α = x kai β = −y èqoume

|x − y | ≤ |x |+ |y | kai ||x | − |y || ≤ |x − y |

Pìte isqÔei to Ðson se k�je mia perÐptwsh?

ANAKEFALAIWSH !!!!!!!!!!!!!!
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